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Oépato pkpaOv Taemv

Mpopiqpo 1
Ocwpovpe tpiyovo ABC kot €0t M 10 péco g mhevpdc BC. EEmtepukcd tov
Tpryodvov Oeswpovpe maporinAdypoupo BCDE, 1étoio wote: BEIIAM ko

AM
BE = - Na amoderyBei 6t n evbeia EM mepvdiel amd to péco tov gvbiypappov

tunuatog AD.

Mpofinpa 2
‘Eoto p mpdtog kow m Oetikdg axépatog. Na mpocdiopicete O ta (gvydpla ( p, m)

TOV IKOVOTOL0VV TNV €&icmon

p(p+m)+ p:(m+1)3.

pofiqpa 3
Na AWoeTe 6TOVG TPAYHOTIKOVG 0p1Oovg TO cOLGTN AL

Ipoépinpa 4.

Bagovpe toug apBpovg 1, 2, 3, ...,20 pe 300 ¥pdpaTo AGTPOo Kol Lovpo ET01, OCTE VO
¥pPNooToovvTol Kot to. 0Vo ypopatoa. Me mdcovg tpdmovg pumopel va yiver o
YPOUATIGUOG MOTE TO YWWOLEVO TOV ACTPOV plOUdV Kol TO YIVOUEVO TOV LOVP®V
aplu®v va £govv HEYIGTO Koo dlonpétn ico pe 1;

Awagprera owaywvicuov: 3 apes kor 30 enrd
KabOc npofinua fabuoioysitar ue 5 povadeg Koy emroyio!
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Evéektikég Aoels Ogpatmv prikpov taSemv
Mpopinpa 1
Oecwpodpe tpiyovo ABC «ar éot® M 10 péoco g mievpdg BC. EEwtepwcd tov
AM
Tprycddvov Bempovpe mapaiinidypoupo BCDE, tétoio dote: BE || AM kot BE :T
Na amoderybet 6TL 1 evBeio EM mepvaet amd 1o péco tov euhypappov tunipatog AD .

Avon
[Tpoekteivovpe v AM  péypt va tuioet v ED 610 onueio N . Toéte 1o teTpdmievpo
BMNE etvan maparinroypappo, ondte EN =BM =MC =ND. Apa to N eivor 10

AM
péoov tov ED . EmumAéov mapatnpodpe o1t N =2 xouto M eivor tdve ot d1dpeco

tov Tptyddvov EAD, omote to M givan 1o Bapixevipo tov tprydvvov AED . Emopévag
n evbela EM elvar n evbeio g dopéoov tov tprydvov AED mov dyston amd v
kopvo1| E, omote Oa tépver v mievpd AD oto péco trng.
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ZyMua 1




Ipopinpa 2
‘Eotw p mpdtog ko m Oetikdg axépaiog. Na mpocdiopicete O ta (gvydpia ( p, m)
TOV KOVOTOL0VV TNV €&icmon

p(p+m)+p=(m+1)’.
Avon
H dedopévn eElowon ypbpeton
3

p(p+m+1)=(m+1) (1)

amd TNV omoio MPOKLATEL OTL O TMPAOTOS aPBUOS P elvar dap€ng TOL (m + 1)3 .
Enopévog, apod p mpwtog, Emetal Ot p‘(m+1), omote Bo vVITapyeL BETIKOG aKEPALOG
k tétolog mote m+1=Kkp . Tote, and v e€icwon (1) Aapupdavovpe:

p(p+kp)=(kp) & k+1=k’p=k’|(k+1)=k|(k+1)=k=1.

Apogivor p=2, m=1 kar (p,m)=(2,1).

Mpofiqpa 3
Noa Aoete 6TOVE TPAYHOTIKOVS 0p1OUoVE TO GOOTNOL:
3 _ VA 2y 3 _ X 22 3 y 2X

X — T T T T T =
y z z
Avon
INa x,y,ze R, mov kavomotohv v cuvOnkn Xyz # 0, 10 cHoTU YPApETaL:
Xyz=12" -2y’ )
yzx = x> =27 (2)
’xy =y> -2x’ (3)

Me npdcbeon kotd pHEAN TV TPV e§lo®oemv Aappdvovue:

xyz(x2 +y’ +22):—(x2 +y’ +zz)<:>(x2 +y’ +zz)(xyz+1):0.
Enedn eivon xyz =0 &povpe X +y>+2° >0, omdte amd v televtoio eicoon
TPOKVTTEL OTL :

xyz =-1 4)
Xpnowonowwvtog v e€lowon (4) oto cvotnua tov eElomcewv (1), (2) kot (3) &govpue:
x> =-2>+2y° (5)
y’ =—x*+27° (6)
7 =—y* +2%° (7)

AT6 116 (5) kar (6) AapPavovps y* =27, evd omd Tic (6) kou (7) happavoovps X* =27,
OmOTE:

X' =y =" X=y=*+7 4 X=-y=1=17. (8)
Telkd, anod tig elomoelg (8) kar (4) &yovpe Tic Avoels:

(x,y,2)=(-1-1-1), (x,y,2)=(L,1,-1), (x,y,2) =(L,-L1), (X, ¥,z) = (=L L1).



Ipopinpa 4.

Bdpovpe toug apiBuotg 1, 2, 3, ...,20 pe 000 ¥pOUOTO AGTPO Kol LOVPO ETGL, DGTE VO
YpNOoToovvVIOL Kot to. dvo ypodpoate. Me mécovg Ttpdmovg pmopel vo yiver o
YPOUATICUOG DOTE TO YIVOUEVO TOV AOTP®V apOU®dV KOl TO YWVOUEVO TOV HAOP®V
aplOpadV va £xovv PHéyloTto Koo dtapétn ico pe 1;

Avon

To 1 umopel va Baget pe 2 tpdmovg (| Aompo 1 Ladpo).

To 2 pmopel va Bagel pe 2 tpoéTOLS (1} dompo 1| povpo).

Topoa Ohot ot Gptior TPEmer vo TAPOLV TO YPOUO TOL 2, omdte Ol apduol
2,4,6,8,10,12,14,16,18,20 maipvovv 10 ypopo Tov 2.

Emiong 6lot ot ap1Buoi mov £yovv kowvd dtoupén He aVTOVE TAPVOLY TO YPMUL TOV 2,
oniadn ot apBuoi 3,5,7,9,15 naipvouv 10 ypdpa tov 2.

Ot apBuoi mov amépewvav (mwov elval ot wpdTOL peYaAvTEpol Tov 10, dNAdN ot
11,13,17,19) propodv va Baeodv pe 2 Tpdémovs (1 AoTPo 1 Lovpo).

Emopévmg, GLVOMKG O YpOUATICHOS pmopel vo yiver pe 2-2-2-2-2.2=2°=64
tpomovs. Ilpénel dpmg vo apapécovpe Kot TG OV TEPMTMGES TOL TOLG Pdpovpe
OAoLG Lahpovg N OAOVG AoTPOVG. Apa £YOVE GUVOALKA 62 TpOTOLG.



